Harch 18, 1940

Dear Professor Fréchet,

I think the nalve proof that you want could run as follows!
what we choode to call an "event® conslets of n values x drawn at
random frem a normal population. The mesn of the populatlion we
ghall designate by )i., the mean of the sample by X, and the

satimated variance by - 1

8° = 8(x-x)*.

n-1
These events may be dlvided into two olassss, () the auoccess—

ful events for which 'i 'f‘ sxoeade Jﬁu}_ , And the unsucosasful events

in which it 18 equal to or leas than % « Congldering tha

population of all eaventsa that oocur, without seleation, the probability
of succese 1a the 'Student' integral from t to infinity, e.g., t ocan
be chosen go that the probabllity of success 1s 5%, 2%, 17, eto.

S0 far this 1s purs mathematlcs, and, I belleve, unexceptionable.

Now, suppose wa are confronted wlth a concrete asample for which we
apcept the belief that it has been drawn from a normal populatlon

of which nothing 1s known except what the sample tells us of the
p-l.rm!vltﬂrl}ﬂ, and 9, we say "here la an event which may be ligitimstely

r!.gnrduﬂ Ag onea ohopen &% random from the population of which the



theory was investigated above'. The probabllity that it is &
success 1a 2%. If this is so, the valua ¢{fnin leas than a
quantity which I can caleulate from the sample. In this senae,
thorefore, ths probability thath is less than this quantity 1s

2%. The same argument applled to other psrcentile valueas gilves

a oonelstent serisa of valuse nr/'i- y l.@., ona 1n nh.lnhﬁ m-
when the peroentege 1la inersased. Ths otatement thet the event
with which we are unn;rnntud ies cne chosen at random from all such
avante ims therefore made a basla from which we deduce & frequenaqy
diatribution fnr}t., ; &nd which moy be called i1ts fidueial frequency
clatribution. In relation to its freaquency d.lutr-.lhutinn}k ig,
properly epeaking, & rendom variable, whatever may be the physioal
origin of the sample oconsidered.

The stlpulation thet nothing Beyond the agemple ia known of
the population sampled la relevant to our decislon to repsrd thes
concrete sample as one chosen &t random from the population of
all such eemplee. I% 18, of course, only in the sensze implied
by that declsion that the distribution nr;t axists.

Youra alncerely,



